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Abstract. There has been a significant research in collective communication operations, in particular in MPI broadcast, on distributed memory
platforms. Most of the research works are done to optimize the collective operations for particular architectures by taking into account either
their topology or platform parameters. In this work we propose a very
simple and at the same time general approach to optimize legacy MPI
broadcast algorithms, which are widely used in MPICH and OpenMPI.
Theoretical analysis and experimental results on IBM BlueGene/P and
a cluster of Grid’5000 platform are presented.
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Introduction

Collective communication operations in the Message Passing Interface (MPI) [1]
are very important building blocks for many scientific applications. In particular,
MPI broadcast is used in a variety of algorithms and applications such as parallel
matrix-matrix multiplication, LU factorization and so on. During a broadcast
the root process sends a message to all other processes in the specified group of
processes. The implementations of the broadcast operation in MPICH [2] and
OpenMPI [3] are typically based on linear, binary, binomial and pipelined algorithms [5]. The linear algorithms are not good for a large number of processes,
the binary and binomial algorithms are not efficient for large data sizes. On the
other hand, pipelined algorithms try to be efficient for large numbers of processes
and data sizes. Other widely used broadcast algorithms are scatter-ring-allgather
and scatter-recursive-doubling-allgather [6], which have been implemented in
MPICH.
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In addition, there has been a significant research in optimizing MPI broadcast
for some specific platforms. The research work in [9] present efficient implementations of MPI broadcast with native Infiniband multicast. The Cheetah framework
offers a hierarchical collective communication framework that takes advantage
of hardware-specific data-access mechanisms [10]. IBM BlueGene comes with its
own platform specific optimizations of MPI collectives [12]. The research work
in [11] gives a comprehensive overview of optimization techniques for collectives
on heterogeneous HPC platforms using broadcast as a use case.
Theoretically optimal MPI broadcast algorithms have been an active research
subject as well. One of the early results in this area is the spanning binomial
tree algorithm proposed by Jonson and Ho [7]. Later, the research work in [8]
introduced another theoretically optimal broadcast algorithm based on fractional
trees. The work in [13] is similar to the algorithm of Jonson and Ho when the
number of processes is a power of two and extends it to an arbitrary number of
processes.
The number of processors in HPC systems has increased by three orders of
magnitude over the past two decades. This in turn raises the cost of coordination and interaction of processes, namely, the communication cost in traditional
message-passing data-parallel applications. Meanwhile, a lot of research in optimization of the communication cost of scientific algorithms and applications is
going on. Very often such research works focus on specific platforms and propose a redesign of the existing scientific algorithms suitable for these platforms.
In contrast to this approach, the goal of our work, which is inspired by our
previous study of parallel matrix multiplication on large-scale distributed memory platforms [14], is to provide a simple and general technique to optimize the
legacy scientific applications without redesigning them. In this paper, this idea
is applied to the MPI broadcast operation as an initial step to achieve this goal.
The contributions of this work are as follows:
– A simple and general hierarchical technique to optimize the MPI broadcast operation, which can be applied to any legacy applications using MPI
broadcast with a marginal code modification.
– Theoretical and experimental study of the hierarchical modifications of eight
existing broadcast algorithms in MPICH and OpenMPI.
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Preliminaries and Previous Work

In the rest of this paper the amount of data to be broadcast and the number
of MPI processes will be denoted by m and p respectively. It is assumed that
the network is fully connected, bidirectional and homogeneous. A process can
simultaneously send and receive a message in α + m×β time. Here α is the
startup cost or latency, while β is the reciprocal bandwidth.
2.1

Previous Work

This section briefly summarizes the theoretical analysis of the performance of
all the general-purpose MPI broadcast algorithms implemented in MPICH and
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OpenMPI. Namely, we recall the theoretical costs of linear, chain, pipelined,
binary, split-binary, scatter-ring-allgather, scatter-recursive-doubling-allgather
and binomial tree broadcast algorithms. The first five and the binomial tree
algorithm are implemented in OpenMPI and the last three algorithms are implemented in MPICH. Because of space limitation derivations of these algorithms
are not provided in this work but can be found in [15].
– Flat tree broadcast algorithm.
This is the simplest MPI broadcast algorithm, in which the root node sends
the same message to all the nodes participating in the broadcast operation.
This algorithm does not scale well for large communicators. By using the
simple linear communication model its cost can be derived as follows:
(p − 1) × (α + m×β) .

(1)

– Linear tree broadcast algorithm.
In this algorithm each node sends or receives at most one message. Since
the root does not receive the message it is called chain algorithm sometimes.
Theoretically its cost is the same as the flat tree algorithm:
(p − 1) × (α + m×β) .

(2)

– Pipelined linear tree broadcast algorithm.
By splitting and pipelining the message in the linear tree algorithm its performance can be improved. In this case each process can start sending a part
of the message after it received the first part of the message.


m
(3)
(X + p − 2) × α + ×β .
X
Here it is assumed that a broadcast message of size m is split into X segments
m
and in one step of the algorithm a segment of size X
is broadcast among p
processes.
– Binary and binomial tree broadcast algorithms.
log2 (p) × (α + m×β) .

(4)

Binary and binomial tree broadcast algorithms theoretically have the same
cost. However, in practice, the binomial tree algorithm is more balanced than
a binary tree broadcast.
– Scatter-ring-allgather broadcast algorithm.
(log2 (p) + p − 1) ×α + 2

p−1
×m×β .
p

(5)

This algorithm has two main phases: scatter and allgather. The message is
scattered by a binomial tree algorithm in the first phase, and in the next
phase a ring algorithm for allgather is used to collect all segments from all
processes. It is used in MPICH for large message sizes.
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– Scatter-recursive-doubling-allgather broadcast algorithm.
2× log2 (p) ×α + 2

p−1
×m×β .
p

(6)

This algorithm is very similar to the previous one except the allgather uses a
recursive doubling algorithm. It is used in MPICH for medium-size messages.
However, the ring algorithm is more efficient than this for large message sizes
because of its nearest-neighbor communication pattern [4].
– Split-binary tree broadcast algorithm [15].
The split-binary tree algorithm splits the original message into two segments
and the segments are broadcast separately in two different binary trees. Finally, each process in both trees exchanges its message with the corresponding pair process from the other tree.
2× (log2 (p + 1) − 2) × (α + m×β) + α +

3

m
×β .
2

(7)

Hierarchical Optimization of MPI Broadcast
Algorithms

This section introduces a simple but at the same time general optimization of
the MPI broadcast algorithms. The idea was inspired by our previous study on
the optimization of the communication cost of parallel matrix multiplication on
large-scale distributed memory platforms [14].
The proposed optimization technique is based on the arrangement of the p
processes participating in the broadcast into logical groups. For simplicity it is
assumed that the number of groups divides the number of MPI processes and
can change between one and p. Let G be the number of groups. Then there
p
will be G
MPI processes per group. Figure 2 shows an arrangement of 12 processes in the original linear way and their hierarchical grouping into 3 groups
of 4 processes. The hierarchical optimization has two steps: in the first step a
group leader is selected for each group and the broadcast is performed between
the group leaders (see Figure 1 in red), and in the next step the leaders start
broadcasting inside their own group (in this example among 4 processes). The
grouping can be done by taking the topology into account as well. However,
in this work the grouping is topology-oblivious and the first process in each
group is selected as the group leader. The broadcasts inside different groups
happen in parallel. In general different algorithms can be used for broadcast
operations between group leaders and within each group. This work focuses on
the case where the same algorithm is employed for all broadcast operations.
Algorithm 1 shows the pseudocode of the hierarchically modified broadcast algorithm. Line 4 calculates the root for the broadcast inside the groups. Then
line 5 creates a sub-communicator of G processes among the groups and line 6
p
creates a sub-communicator of G
processes inside the groups. Our implementation uses the MPI Comm split MPI routine to create new sub-communicators.
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Arrangement of processes in hierarchical
broadcast. Processes in the ellipses are the group
leaders. The rectangles show the processes inside
groups. In the first step the broadcast is performed
among the group leaders and in the next step it is
performed among the processes inside each group.

Algorithm 1: Hierarchical modification of an MPI broadcast algorithm.

1
2
3
4
5
6
7
8

3.1

Data: p - Number of processes
Data: G - Number of groups
Data: buf - Message buffer
Data: count - Number of entries in buffer (integer)
Data: datatype - Data type of buffer
Data: root - Rank of broadcast root
Data: comm - MPI Communicator
Result: All the processes have the message of size m
begin
MPI Comm comm outer
/* communicator among the groups */
MPI Comm comm inner
/* communicator inside the groups */
/* root of broadcast inside the groups */
int root inner
root inner = Calculate Root Inner(G, p, root, comm)
comm outer = Create Comm Between Groups(G, p, root, comm)
comm inner = Create Comm Inside Groups(G, p, root inner, comm)
MPI Bcast(buf, count, datatype, root outer, comm outer )
MPI Bcast(buf, count, datatype, root inner, comm inner )

Hierarchical Flat and Linear Tree Broadcast

If we group the processes in the hierarchical way and apply the flat or linear tree
p
broadcast algorithm among G groups and inside the groups among G
processes
then the overall broadcast cost will be equal to their sum:
F (G) = (G − 1)×(α + m×β) + (

p
p
− 1)×(α + m×β) = (G + − 2)×(α + m×β) .
G
G
(8)
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Formula 8 is a function of G for a fixed p. Its derivative will be as follows:

p 
F 0 (G) = 1 − 2 × (α + m×β) .
(9)
G
√
We can see that G = p is the minimum of the function F (G) as in the interval
√
√
(1, p) the function decreases, and in the interval ( p, p) it increases. If we
√
consider G = p in formula 8 the optimal value of the broadcast will be as
follows:
√
√
(10)
F ( p) = (2 p − 2) × (α + m×β) .
3.2

Hierarchical Pipelined Linear Tree Broadcast

In the same way, if we add two pipelined linear tree broadcast costs among G
p
groups and inside the groups among G
processes then the overall communication
cost for the hierarchical pipelined linear tree will be as follows:

 

p
m
F (G) = 2X + G + − 4 × α + ×β
(11)
G
X
√
It can be shown that G = p is the minimum point again.
3.3

Hierarchical Binary and Binomial Tree Broadcast

p
Let us apply formula 4 among G groups and inside the groups among G
processes. The cost of either the binary or the binomial broadcast algorithm among
p
)×(α +
G groups and inside the groups will be log2 (G)×(α + m×β) and log2 ( G
p
m×β) respectively. If we add these two costs together and consider that log2 G
=
log2 (p)−log2 (G) then the cost of the hierarchical binary/binomial broadcast algorithm will be the same as that of the corresponding non-hierarchical broadcast
algorithm.

3.4

Hierarchical Scatter-Ring-Allgather Broadcast

If we apply formula 5 in the same way we can get the following formula:




p
1
G
F (G) = log2 (p) + G + − 2 ×α + 2×m× 2 − −
×β .
G
G
p
Let us find the optimal value of the F (G) function.


g2 − p
2mβ
0
.
F (G) =
× α−
G2
p

(12)

(13)

Formula 13 shows that if

α
2m
>
(14)
β
p
√
then G = p is the minimum point of the F (G) function in the interval (1, p).
The value of the function at this point will be as follows:
2
√
√
F ( p) = (log2 (p) + 2 p − 2)×α + 2×m×(2 − √ )×β .
p

(15)

Topology Oblivious Optimization of MPI Broadcast

3.5

7

Hierarchical Scatter-Recursive-Doubling-Allgather Broadcast
F (G) = 2×log2 (p)×α + 2×m×(2 −

1
G
− )×β .
G
p

(16)

The hierarchical modification of this algorithm has higher theoretical cost compared to the cost of the original algorithm (formula 6): the latency term is
increased two times and the bandwidth term is increased as well.
3.6

Hierarchical Split-Binary Tree Broadcast

We take p+1≈p in formula 7 to derive the cost of its hierarchical transformation.
It can be shown that the overall cost will be slightly worse than that of the
original algorithm itself (see formula 7):
2×(log2 (p) + X − 4)×(α + β×
3.7

m
m
) + 2×(α + β× ) .
X
2

(17)

Summary of Theoretical Analysis

This section can be summarized as follows: the hierarchical transformations of
the flat, chain, pipeline and scatter-ring-allgather algorithms theoretically reduce
the communication cost of the corresponding original algorithms. The communication costs of the binary, binomial, scatter-recursive-doubling-allgather and
split-binary tree algorithms either do not change or slightly increase by a constant factor after the hierarchical transformation.

4
4.1

Experiments
Experiments on BlueGene/P

Some of our experiments were carried out on the Shaheen BlueGene/P at the Supercomputing Laboratory at King Abdullah University of Science&Technology
(KAUST) in Thuwal, Saudi Arabia. Shaheen has 16 racks with a total of 16384
nodes. Each node is equipped with four 32-bit, 850 Mhz PowerPC 450 cores and
4GB DDR memory. The BlueGene/P (BG/P) architecture provides a threedimensional point-to-point BlueGene/P torus network which interconnects all
compute nodes and global networks for collective and interrupt operations. Use
of this network is integrated into the BG/P MPI implementation. BlueGene/P
MPI implementation is based on MPICH. It is known that MPI broadcast operation in MPICH uses three different broadcast algorithms depending on the
message size and the number of processes in a broadcast operation [4]:
– binomial tree algorithm - when the message size is less than 12kB or when
the number of processes is less than eight.
– scatter-recursive-doubling-allgather algortihm - when the message size is less
than 512kB and the number of processes is a power-of-two.
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– scatter-ring-allgather algorithm (we will call it SRGA)- in all other cases,
for long messages greater than or equal to 512kB or with non power-of-two
number of processes.
Despite the referenced paper was published more than a decade ago it still
reflects the current version of MPI broadcast operation implemented in MPICH
according to its source code.
In this work we only present experiments with the corresponding hierarchical modifications of the scatter-ring-allgather algorithm. Experiments with the
binomial and scatter-recursive-doubling-allgather algorithms showed only slight
fluctuations which are expected theoretically. In addition to the algorithms in
MPICH, the broadcast operation on BG/P uses different communication protocols and broadcast algorithms: if the communicator is MPI COMM WORLD
then it uses the BG/P collective tree network and otherwise depending on the
communicator shape either a rectangular broadcast algorithm or MPICH are
used [12]. However, MPI COMM WORLD is not used in computational libraries.
On the other hand the rectangular broadcast is used only for rectangular shaped
sub-communicators. Depending on the allocated BG/P partition and the mapping of the processes into the physical topology, sub-communicators can be arbitrary shaped. On the other hand, the proposed optimization in this work is
more general and topology-oblivious.
Performance modeling and analysis of the BG/P specific broadcast algorithms and optimizations are beyond the scope of this paper. However, we also
present experiments with the default BG/P broadcast operation as an initial
research in that direction. The experiments have been done with different configurations, message sizes from 1kB up to 16MB and the number of MPI processes from 8 up to 5000. Here we used less number of MPI processes than the
allocated BG/P nodes as we created sub-communicators to avoid the case with
MPI COMM WORLD. Because of space restrictions we provide the results only
for 2048 and 5000 processes and message sizes 512kB and 2MB. It is worth mentioning that BG/P is quite stable in terms of reproducibility if the configuration
is kept the same. The allocated BG/P shapes were 2x1x2 and 2x3x2 in the the
experiments with 2048 and 5000 processes respectively. Figure 3 and Figure 4
show experiments with the scatter-ring-allgather broadcast with message sizes
of 512kB and 2MB respectively. The improvement with 512kB on 2048 nodes is
1.87 times, however with a message size of 2MB there is a performance drop. On
2m
the other hand, according to formula 14 (i.e. α
β > p ) if we fix the message size,
for a larger number of nodes the hierarchical transformation should improve the
performance. This is validated with the experiments: Figure 5 shows that the
performance with the message size 512kB increases up to 3.67 times on 5000
nodes. Moreover, Figure 6 shows that on 5000 nodes the hierarchical algorithm
is better even with the message size of 2MB. In addition, if we put the platform
and algorithm parameters in formula 12 the plots of the hierarchical algorithm
will be parabola-like as well (Figure 7 and Figure 8). Figure 9 and Figure 10
show the experiments with the default BG/P MPI broadcast.
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4.2

Experiments on Grid’5000

The next part of the experiments was carried out on the Graphene cluster of
Nancy site of the Grid’5000 infrastructure in France. The platform consists of 20
clusters distributed over 9 sites in France and one in Luxembourg. The Grid’5000
web site (http://www.grid5000.fr) provides more comprehensive information
about the platform.
The experiments on Grid’5000 have been done with OpenMPI 1.4.5 which
provides a few broadcast implementations. Among those implementations there
are several general broadcast algorithms such as flat, chain(linear), pipelined,
binary, binomial, split-binary tree and platform/architecture specific algorithms
some of which are broadcast algorithms for Infiniband networks, and the Cheetah framework for multicore architectures. In this work we do not consider the
broadcast algorithms for the specific platforms. Furthermore, experiments with
the binary and binomial tree broadcasts are not presented here because of space
restrictions. Because of the same reason we present experiments only with 128
nodes (one process per node). We have used the same approach as presented in
MPIBlib [16] to benchmark the performance.
Figure 11 and Figure 12 represent experiments with the chain broadcast algorithm and its hierarchical transformation with message sizes 16kB and 16MB
respectively. The speedup with the message size 16MB is three times and with
16kB is 1.5 times. During the experiments with smaller message sizes up to 1kB
the overhead from the two MPI Comm split operations were higher than the
chain broadcasts itself. Still, an implementation of the algorithm could check the
message size beforehand and fall back to use the regular MPI Bcast for short
messages to reduce the overhead even further. Figure 14 and Figure 13 show
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Hierarchical chain broadcast
on Grid’5000. m=16MB and p=128.

experiments with the pipeline broadcast algorithm and its hierarchical transformation. The trend is similar to the chain algorithm. This time the improvement
is even higher, 5.5 times with the message size 16MB and 3.69 times with the
message size 16kB.
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Conclusion

Our hierarchical approach to optimize MPI broadcast algorithms is more general and simpler than many existing broadcast optimizations. The idea itself
does not break up any existing broadcast algorithms, is not limited to some
specific platforms and can be used as a standalone library on top of any MPI
implementations. Some broadcast algorithms have been improved more than five
times even on a relatively small number of processors.
This work presents the application of the proposed technique to general MPI
broadcast algorithms implemented in MPICH and OpenMPI. Among these algorithms there are the two most used algorithms: scatter-ring-allgather and
pipelined algorithms. Our initial observation showed that BlueGene/P default
broadcast operation can be optimized by the hierarchical transformation as well.
Therefore, one of our future plans is to study the hierarchical modifications of
the broadcast algorithms optimized for IBM BlueGene/P and Infiniband networks. A similar kind of approach can also be applied to other MPI collective
operations.
We are working on a software library/tool which can be incorporated into
any application which uses MPI broadcast. The software will let users easily
transform any broadcast algorithm into a two-level hierarchy and predict their
performance.
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Another part of the experiments were carried out using the resources of the
Supercomputing Laboratory at King Abdullah University of Science&Technology
(KAUST) in Thuwal, Saudi Arabia.
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